The most useful form of the spectral theorem asserts that every bounded normal operator on a complex Hubert space is unitarily equivalent to a multiplication operator. In this note we report a (verbatim) generalization of that theorem to nonlinear operators. While the need for this result arose in attempting to define "spectral" invariants for nonlinear random processes [1] , it appears to be a basic statement in operator theory which may be applicable elsewhere.
Let H and K be (separable) complex Hubert spaces. By a bounded holomorphic operator from H to K we mean a mapping F: H -• K which satisfies 0) SUp ||2||<1 ||F(2)||<oo,
(ii) for every z x , . . . , z n in H and every w G K,
defines an entire function of the n complex variables a x , . . . , a n .
Every linear operator is of course holomorphic. More generally, if F is a monomial in the sense that it has the form F(z) = G(z, z, . . . , z), where G is a bounded «-linear operator from H x • --x H into K, then Fis holomorphic.
Linear spectral theory applies to operators from H into itself. In the nonlinear (holomorphic) case, the appropriate range space is not H but the Fock space over H, which we will write as e^: e*= tf°© tf 1 0H 2 e---, where H° = C and H n is the symmetric Hilbert space tensor product of n copies of H, n > 1. A key feature of this construction is that there is a natural repre- We remark that all the operators which occur naturally in the probabilistic problem alluded to in the first paragraph are normal. In that setting, there is an underlying stationary (Gaussian) random process, and the von Neumann algebra the operators are associated with is generated by the (abelian) unitary translation group of the process. 
where (X°, jx°) is taken as the trivial one-point measure space. Now for each n > 0, let a n = & n (X\, x 2 , • • . , x n ) be a bounded (measurable) symmetric function on X n . Then, under appropriate mild growth conditions on the sequence of norms Halloo, we can define a bounded holomorphic operator F:
It is easy enough to see that F is normal, and in fact is associated with the multiplication algebra of L 2 (X, ju), a maximal abelian von Neumann algebra. A nonlinear operator such as F will be called a multiplication operator based on (X, ju Full details behind the proof of this theorem, together with the results announced in [1] , will appear in subsequent papers.
